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almost sound premouse, 112

anomaly, 181

anticore map, 31

B-tree, 442

background coherence problem, 93

background construction, 72

BC(F) (background for F), 73

C↾γ , 74, 155

certificate, 71, 406

extender unique at ν , 154, 406

extender-active, 71

F∗ certifies F+, 154
�FC, 72

good at 〈ν ,k〉, 154, 402, 406

last model, 74

least branch (w,F ,Σ)-construction, 406

lev(C), <C, 73

maximal, 71

MC
ν ,k , 70, 404

Ω
C
ν ,k , 404

Ω(c,Σ∗), Ω(C,M,Σ∗), 90, 167

PFS construction, 153

plus consistent at ν , 154, 406

Resν ,k[N], σν ,k[N], 403

ResQ[N], σQ[N], 76

universal, 303, 345

w-construction above κ , 70

bicephalus, 154, 200, 441

bottom-up normalization, 290

branch condensation, 16

C̄-sound premouse, 112

Ck(M), C(M), 31

cofM
k (γ) (rΣk cofinality), 40

cHullMn+1(X) (collapse of HullMn+1(X)), 29, 111

close to M, 38, 138

Closeness Lemma, 138

coarse extender pair, 304

coarse extender premouse, 67

coarse Γ-Woodin pair, 301

coarse Γ-Woodin tuple, 301

coarse strategy pair, 407

coarse strategy premouse, 402

coarsely coherent sequence, 68

Code(A), Cd(x), 60

coherent pair, 67

δ (w), 67

maximal, w-maximal, 67

Comparison Theorem, 11, 357, 398, 413

complete normalization, 289

conversion stage, 80, 158

conversion system, 80, 83, 159

lift(T ,c), lift(T ,M,ψ,Q,C,R), 89, 166

resα (T ,c) (generator map), 89, 166

stg(T ,c,α) (α-th conversion stage), 89, 166

Copy Lemma, 144

countably iterable, 55, 149

Dec (decoding of reducts), 116

definability property, 497

delay interval, 133

dn
M (denotation function), 26, 114

dropdown sequence, 78, 157

Ai(Q,N), κi(Q,N), n(Q,N), 78, 157

embedding normalization, 223, 229, 232

α(T ,F), β (T ,F), 237

αT ,S,F , βT ,S,F , uT ,S,F , 252

b-cofinal branch, 269

br(b,T ,U), m(b,T ,U), 266

br
T ,U
W

, brWT , brWU , 275

coarse case, 264, 276

ndW (ξ ,γ +1), brW (ξ ,γ), 267

phalanxes, 460, 469

p̂η ,γ : Wext
η →Wext

γ , 258
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Φη ,γ : Wη →Wγ , 253

uη ,γ , t
η ,γ
ξ

, Wη ,ση ,Rη , 262

W (T ,F), 232, 237

W (T ,S,F), 251

W (T ,U), 253, 262

z(ν), z∗(ν), 284

embeddings of mouse pairs, 397

embeddings of premice

cardinal preserving, 33

cofinal, 33, 115

completion, 114

copy map, 47, 48, 58, 135

�e-minimal, 151

elementary, 33, 115

exact, almost exact, 37, 115

iME , 20, 35

near n-embedding, 33

nearly elementary, 45, 115

strongly cofinal, 392

strongly respects projecta, 45

upward and downward extension, 32, 116, 120

weakly elementary, 33

extender

close to M, 38, 138

definition, 19

E+, E−, λ̂ (E), lh(E), o(E), 130

ε(E), 130

generator, 20

Jensen completion, 21

nice, 65

ν(E), λ (E), 21

plus type, 130

short, 21

sp(E), dom(E), lh(E),κ(E), 20

very close to M, 36, 38, 138

weakly amenable to M, 415

whole, 21

extender algebra, 64

extender tree

eVγ , Vext, 244

pT ,F , p̂T ,F , 244

F(P,Σ), 504

full mouse pair, 505

full normalization, 228

X(T ,U), 524

fullness-preserving, 505

Γ-Woodin, 301

generator map, 89, 160, 166

generic interpretability, 501

genericity iteration, 64

G+(M,λ ,θ), 149

Gqn(M,λ ,θ), 56

gratuitous drop, 52

hn+1
M (rΣn+1 Skolem function), 29

hod pair

least branch, 394

HPC (hod pair capturing), 12

hull condensation, 245

hull property, 497

HullMn+1(X) (rΣn+1 Skolem hull), 29, 111

IHκ,δ , 401

index, 533–536

internally lift consistent, 218

ITα,β (branch extender), 140

iterates past, 14, 339, 343, 410

iterates to, 14, 339, 343, 410

iteration game

G(M,θ), G(M,λ ,θ), 55

Gqn(M,λ ,θ), 55

Gsn(M,θ), Gsn(M,λ ,θ), 56

iteration strategy, 56

canonical κ-extension, 61

complete (λ ,θ) strategy, 149

countably iterable, 55

(η ,θ)-iteration strategy, 55

(η ,θ ,F)-iteration strategy, 66

induced by Σ
∗, 90, 167

internally lift consistent, 218

(λ ,θ) strategy induced by Σ
∗, 91, 167

mildly positional, 92, 168

normalizes well, 293

positional, 57, 91, 208, 399

pullback consistent, 211

pushforward consistent, 308, 340

quasi-normalizes well, 292

scope, 11

Σ
π (pullback strategy), 59, 150

Σ
rel, 525

Σs,<ν (join of strategies), 57

Σs,N , Σs (tail strategy), 57, 150

strategy coherence, 91, 209, 336

strong hull condensation, 297

θ -iteration strategy, 55

Weak Dodd-Jensen property, 151, 400

iteration tree

copied tree πT , 58

εTβ , 131

F -tree, 65
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ı̂Uα,β (partial iteration map), 49

λT
β , 51

lh(T ), 50

M-nice, 488

M-stack, 54, 56, 149

main branch, 50

meta-tree, 263, 493

ms-normal, 53

nice, 65

normal, 52, 65

normal M-stack, 54

plus tree, 130

quasi-normal, 52, 65

relevant, 524

semi-normal, 50

semi-normal M-stack, 54

special node, 141

T sep (λ -separation of T ), 218

U<γ , U>γ , 237

U+, 147, 214

least branch hod pair, 394

least branch premouse

ḂN , Σ̇
N , ĖN , ḞN , 388

branch active, 390

definition, 391

language L1, 388

M-tree, 390

LEC (L[E] capturing), 12

lift(T ,c), lift(T ,M,ψ,Q,C,R), 89, 166

lift(T ,M,C), 90, 166

M-stack

maximal, 54, 149

normal, 54, 149

quasi-normal, 54, 149

U(s), Mα (s), M∞(s), 54

maximal construction, 71

meta-iteration tree, 263, 493

mildly positional, 92, 168

M∞(P,Σ), 504

Mk
0 (reduct of strong core), 151

M−, 25

mouse pair, 396, 397

ms-ISC (ms-solid), 22, 102

nearly elementary, 45

nice cofinality witness, 40

NLE (no long extenders), 13

normalizes well, 292, 293

Ω
C
ν ,k , 356

Ω(c,Σ∗), Ω(C,M,Σ∗), 90, 167

Ω
+
P , 214

Ω
ubh
F

, Ω
ubh
n,F , 356

parameter solid premouse, 108, 110

pfs premouse

Dk(M) (stronger core), 187

strong core C̄k(M), 105

pi(M), p(M) (standard parameter), 24

(π,ν ,k)-lift, (πT )+, 147, 214

plus tree, 130

copied tree πT , 136

λ -separated, 132

λ -tight, 132

M-stack, 149

maximal delay interval, 133

maximal M-stack, 149

normal, 132

normal companion T nrm, 133

normal M-stack, 149

plus type extender, 130

positional, 57, 91, 92, 168, 208, 399

potential premouse, 22

pfs, 103

premouse

✂ (initial segment), 25

✂0 (weak initial segment), 26

✂ct (cutpoint), 413

cutpoint of HOD, 523

extended M-sequence, 130

k(M), l(M), ô(M),o(M), 25

M|〈ν ,k〉, M|ν , M||ν , 25

M ↓ i, M+, M− (degree changes), 26

pfs, 109

pfs violation (N,κ,D), 95

projectum-measurable, 95

pure extender (Jensen), 22, 25

ρ̂k(N), ρ̂(N), 112

ρ̂m+1(N), 112

solid, 31, 105

type 1 (ρ̂ ≤ ρ), type 2 (ρ < ρ̂), 113

projectum

reduct Mi, 108

ρi(M), ρ(M), ρ−(M), 30, 108

projectum solid premouse, 110

pseudo iteration tree, 420, 464

pseudo-hull, 247

Ψ(Φ,U), 250

(Ψ,Σ,MC
ν ,l)-coiteration, 490

pullback consistent, 211

pure extender pair, 334, 399
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pushforward consistent, 308, 340, 394

quasi-normalization, 280

coarse case, 282

V (T ,F), α0(T ,F), V (T ,U), 277

z(ν), z∗(ν), 284

quasi-normalizes well, 293

resurrection consistency problem, 93

resurrection map

consistency of resurrections, 78, 156

ResQ[N], σQ[N], 76

resα (generator map), 160

(R,Ψ)-coiteration, 445

rQ-formula, 392

rΣn relation, 26

rt(γ), 422

(*)(P,Σ), 14, 356

semi-normal tree, 50

sequence-measurable over M, 103

Shift Lemma, 48, 135

applies to (ϕ,π,E), 48

copy map, 47

〈π,ϕ〉 : 〈P,E〉 → 〈Q,F〉, 46

solid parameter, 31

solid premouse, 31, 108

solidity witness W
α,r
M , 30, 105

Solovay sequence, 522

sound, k-sound, 31, 108

special node, 141

stable pfs premouse, 108, 110

stable node, 421

stab(T ), 464

st(γ), 422

strategy coherence, 92, 209, 336

strong hull condensation, 297

strongly respects projecta, 45

strongly stable pair, 334

strongly stable premouse, 132

strongly uniquely θ -iterable, 66, 302

subcompact cardinal, 9, 485

tree embedding

cofinal, 247

definition, 246

extended, 250

of T into W (T ,F), 250

Φ◦Ψ, 250

ΦT ,S,F , 252

Φ : T → U , 247

pseudo-hull, 247

uΦ, vΦ, (sα )
Φ, (tα )

Φ, pΦ, 246, 247

weak, 524

type 1 pfs premouse, 109

type 2 pfs premouse, 113

UBH (Unique Branches Hypothesis), 309

ultrapower

[a, f ]ME , 35

Ult0(M,E), 20

Ultn(M,E), Ult(M,E), 35

uniquely θ -iterable, 66, 302

universal parameter, 30, 105

Universally Baire, 60

weak ms-ISC, 103

weak pfs violation, 99

Weak Dodd-Jensen property, 151, 172, 400

weakly ms-solid, 106

well supported branch extender, 140

X(T ,F) (full normalization), 242, 524

z(ν), z∗(ν), 316
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