Cambridge University Press

0521412617 - Introduction to Analytic and Probabilistic Number Theory
Gerald Tenenbaum

Index

More information

Index

Abel N.H. 217

— summation 3
Abelian theorems 218
abscissa of absolute convergence 109
abscissa of convergence 109
addition of sequences 276
Alladi K. 74, 374, 389-90
Alladi K. & Erdés P.

function of — 53, 89, 319
Aparicio Bernardo E. 20
arithmetic function 23

additive, multiplicative — 23

monotone multiplicative — 35
Ayoub R. 248

Babu G.J. 291, 350
Bachet C.G. 21
Balazard M. 212-3, 319
Balazard M., Delange H.
& Nicolas J.-L. 212

Balazard M. & Smati A. 196
Bateman P. 178, 186, 196
Behrend F. 298
Bernoulli J.

— functions 5, 7, 1434, 152

— numbers 5, 7, 142-3
Berry-Esseen

— inequality 235-6, 240-1, 287, 348-9

— theorem 245
Bertrand J.

—’s postulate 10, 22
Besicovitch A.S. 322
Beurling A. 75
Bingham N.H., Goldie C.M.

& Teugels J.L. 222

Blanchard A. 176
Bohr H. 124-5, 127, 235, 243
Bombieri E. 62, 74, 262
Bombieri E. & Davenport H. 76
Bombieri E. & Iwaniec H. 51, 90, 161
Bombieri-Vinogradov theorem 75-6, 262
Borel-Carathéodory theorem 150

Bovey J.D. 317
de Bruijn N.G. 359, 368-9, 372, 374,
377, 387, 389, 419
de Bruijn N.G., van Tengbergen C.
& Kruyswijk D. 297
Brun V. 57, 59, 60
Brun—Titchmarsh theorem 73, 341
Buchstab A.A. 399
—’s function 399, 403
—’s identity 365, 398, 421
Burgess D.A. 263

Cahen E.
—’s conjecture 124
Carathéodory C.
see Borel-Carathéodory
Cartan H. 53, 109
Cashwell E.D. & Everett C.J. 26
chains of divisors 297
characteristic function 240, 285
characters
— of a group 248
Dirichlet — 163, 251
primitive — 75, 163
real — 257
Chebyshev P.L. 10, 19, 22
— polynomials 230
— summatory functions 31
Chen J.-R. 262
circle problem 90, 96, 101
Cohen E. 54
comparison of a sum and an integral 4
completely additive (resp. multiplicative)
arithmetic function 23
concentration 291
— function 291
— on divisors 297
Conrey J.B. 176
continuity theorem 285
convergence to the Gaussian law 356

© Cambridge University Press

www.cambridge.org



http://www.cambridge.org/0521412617
http://www.cambridge.org
http://www.cambridge.org

Cambridge University Press

0521412617 - Introduction to Analytic and Probabilistic Number Theory

Gerald Tenenbaum
Index
More information

444

convolution
Dirichlet — 26
— of distribution functions 288
van der Corput J.G. 38, 51, 90, 94, 97,
99-100, 166
Cramér H. 285, 288
critical strip 144

Daboussi H. 10, 52, 75, 280, 350, 3545,

387
Daboussi H. & Delange H. 75, 355
Davenport H. 255, 262-3

see also Bombieri E. & —
Davenport H. & Erdss P. 275, 277-8
Davenport H. & Halberstam H. 62
Delange H. 180, 195-6, 212, 214, 243,
264, 275, 326, 331, 350, 352-3
see also Balazard M. et al.
density 270
analytic — 274
divisor — 276, 322
logarithmic — 272
lower, upper — 271
multiplicative — 275, 277-8
natural (or asymptotic) — 270
sequential — 277-8
Deshouillers J.-M., Dress F.

& Tenenbaum G. 218
Diamond H.G. 50-1, 174, 199, 243
Diamond H.G. & Halberstam H. 7/

" Dickman K. 366
—’s function 366, 370
direct factors of Z* 279
Dirichlet P.G.L. 77, 248, 253
convergent — series 105
— approzimation lemma 118
— characters 163, 251
— convolution 26
— divisor problem 36, 90, 96
— hyperbola method 37
— L-series 163, 252
formal — series 25
real — characters 257
distribution function 240, 281
absolutely continuous — 282
atomic — 281
improper — 282

Index

purely discrete — 281
purely singular — 282
distribution of multiplicative functions
353
Dress F. 126
see also Deshouillers J.-M. et al.
Dress F., Iwaniec H.
& Tenenbaum G. 262
Dupain Y., Hall R.R.
& Tenenbaum G. 276
duplication formula for I'(s) 142

effective estimates 351
Elliott P.D.T.A. 74-5, 288, 291, 314-6,
350-1
Elliott-Halberstam conjecture 262
Elliott P.D.T.A. & Ryavec C. 352
Ellison W.J. & Mendes France M. 51,
174, 177, 248, 255, 262-3
Ennola V. 3635-4, 387
Eratosthenes
sieve of — 56
Erdés P. 10, 20, 35, 89, 52, 196, 295,
312, 316-8, 350
see also Alladi K. & —
Davenport H. & —
Erdés P. & Hall R.R. 323
Erdés P., Hall R.R. & Tenenbaum G. 277
Erdés P. & Kac M. 216, 348, 352
Erdés P. & Nicolas J.-L. 87
Erdés P., Saffari B. & Vaughan R.C. 280
Erdds P. & Sarkézy A. 87
Erdds P., Sarkozy A.
& Szemerédi E. 298
Erdés P. & Shapiro H.N. 51
Erdés P. & Tenenbaum G. 87, 318
Erdés P. & Wintner A. 325, 350
Esseen C.G. 293
see also Berry—FEsseen
Euclid 9, 21
Euler L.
—’s constant 6,7
—’s formula 17, 107
—’s totient function 24, 54
Euler-Maclaurin summation formula 6

Farey J.
— series 40

© Cambridge University Press

www.cambridge.org



http://www.cambridge.org/0521412617
http://www.cambridge.org
http://www.cambridge.org

Cambridge University Press

0521412617 - Introduction to Analytic and Probabilistic Number Theory
Gerald Tenenbaum

Index

More information

Index

Fejér L. 66, 289, 292
Feller W.J. 235, 241, 246, 285, 288, 325
formula

explicit — 177

Mertens’ — 17

second mean value — 4
Fouvry E. & Grupp F. 76
Fouvry E. & Tenenbaum G. 390
Freud G. 227, 243

see also Karamata—Freud
Freud G. & Ganelius T. 243
Friedlander J.B. & Granville A. 419
Friedlander J.B., Granville A,

Hildebrand A. & Maier H. 419

functional equation

approzimate — 160

— forT(s) 141

— for L(s,x) 164

— for ((s) 142
fundamental lemma of the combinatorial

sieve 60

fundamental theorem of arithmetic 9, 21

Galambos J. 317, 850, 354
Galambos J. & Sziisz P. 354
Gallagher P.X. 75
Gamma function

duplication formula 142

functional equation 141
Ganelius T. 28/-6

see also Freud G. 6 —
Gauss C.F. 10
Gaussian

— law 356

— sum 262
Gelfond A. 20
Gelfond A. & Linnik Y. 51
Goldbach C.

— problem 77
Goldie C.M.

see Bingham N.H. et al.
Gorshkov L.S 20
Graham S.W. 52, 262
Graham S.W & Kolesnik G. 100
Graham S.W. & Vaaler J.D. 75
Granville A.

see Friedlander J.B. et al.

445

Grosswald E. 126

Hadamard J. 10, 155
—’s three circles lemma 171
Haldsz G. 335, 337, 351, 355-6
Halberstam H.
congecture of Elliott & — 263
see also Davenport H. & —
Halberstam H. & Richert H.-E.
59, 76-8, 316
Halberstam H. & Roth K.F. 276-7, 298
Hall R.R. 276, 316, 322-3
see also Dupain Y. et al.
Erdés P. & —
Erdés et al.
Hall R.R. & Tenenbaum G. 74, 276, 288,
312, 316, 318, 321, 324, 345, 351,
355
Hankel H.
— contour 141, 183
— formula 183
Hanson D. 20
Hardy G.H. 38, 171, 174, 242
Hardy G.H. & Littlewood J.E. 60, 160,
222, 226
Hardy-Littlewood-Karamata theorem
227, 243, 253
Hardy G.H. & Ramanujan S. 299, 306,
319
Hardy G.H. & Riesz M. 122, 127, 137
Hardy G.H. & Wright EM. 212
Heath-Brown D.R. 139, 160, 262
Hengartner W. & Theodorescu R. 291,
293
Hensley D. 213, 390
Heppner E. 55
highly composite numbers 87
Hildebrand A. 75, 263, 304, 313, 315-6,
369, 377, 381, 386-8, 390-1, 418
see also Friedlander J.B. et al.
Hildebrand A. & Maier H. 419
Hildebrand A. & Tenenbaum G. 213,
385-7, 390-1, 419
Hooley C. 297, 324
—’s A-function 297, 324
Hormander L. 243
Huxley ML.N. 38, 51, 90, 101, 161, 255

© Cambridge University Press

www.cambridge.org



http://www.cambridge.org/0521412617
http://www.cambridge.org
http://www.cambridge.org

Cambridge University Press

0521412617 - Introduction to Analytic and Probabilistic Number Theory

Gerald Tenenbaum

Index

More information
446 Index
Huxley M. N. & Kolesnik G. 90 Lebesgue H.
Huxley M. N. & Watt N. 90 —’s decomposition theorem 282
hyperbola method 87 Lee J. 804

Tkehara S. 234, 240, 243, 254, 256
Tkehara-Ingham theorem 234, 236
inclusion—exclusion principle 33
Ingham A.E. 126, 148, 234, 243
see also Ikehara—Ingham
Ivi¢ A. 100, 139, 160-1, 174, 177
Ivié A. & Tenenbaum G. 394
Iwaniec H. 74
see also Bombieri E. €& —
Dress F. et al.
Iwaniec H. & Mozzochi C.J. 38, 51, 90

Jensen J.LW.V.

— formula 149

— inequality 294
Jessen B. & Wintner A. 290
Kac M.

see Erdgs P. & —
Kaczorowski J. & Pintz J. 126
Kalmar L. 20
Karamata J. 222, 228, 242-3

see also Hardy-Littlewood-Karamata
Karamata-Freud theorem 227, 2/3-4,

253

Katznelson Y. 65, 68
kernel of an integer 54, 116, 126
Kolesnik G. 51, 90

see also Graham S.W. & —

Huxley M.N. & —

Kolmogorov A. 291, 325
Kolmogorov-Rogozin inequality 291
Korevaar J. 243
Korobov N.M. 161, 174
Kubilius J. 303, 316, 352

see also Turdn—Kubilius

Lambek J.
see Moser L. & —
Landau E. 88, 42, 51, 110-1, 122, 124,
127, 184, 137, 200, 225, 265
— theorem 110, 126
see also Schnee-Landau theorem
Laplace-Stieltjes transform 107
de La Vallée-Poussin C. 10, 147
law of the iterated logarithm 317

Legendre A.M. 10
length of a polynomial 229
LeVeque W.J. 352
Levin B.V. & Timofeev N.M. 352
Levinson N. 171, 176
Lévy P. 285, 288, 290-1, 326
—’s continuity theorem 285
L-functions 163, 252
limiting distribution of an
arithmetic function 283
Lindelof E.L.
— hypothesis 144
Linnik Ju.V. 62
see also Gelfond A. & —
Liouville J.
—’s function 55
Littlewood J.E. 243
see also Hardy G.H. & —
local laws 306
Loeve M. 285, 288
Lukacs E. 285, 288, 294

Maier H. 419

see also Friedlander J.B. et al.

Hildebrand A. & —

Maier H. & Tenenbaum G. 818
von Mangoldt H. 161, 177

—’s A-function 24, 30
Mann H.B. 276
de Mathan B. 242
mean value of an arithmetic function 48
Mendes France M.

see Ellison W.J. & —
Mendés France M. & Tenenbaum G. 318
Mertens F. 14-7

— formula 17
method of vanishing moments 323
Miech R.J. 262
Mobius A.F.

— function 24

— inversion formulae 29
Montgomery H.L. 51, 62, 71, 74, 265,

337-8, 350-1

© Cambridge University Press

www.cambridge.org



http://www.cambridge.org/0521412617
http://www.cambridge.org
http://www.cambridge.org

Cambridge University Press

0521412617 - Introduction to Analytic and Probabilistic Number Theory
Gerald Tenenbaum

Index

More information

Index 447

Montgomery H.L. & Vaughan R.C. 52, quasi-primes 77

62, 76, 263, 351, 355 Radon-Nikodym theorem 282

Moser L.’& Lambek J. 35 Ramanujan S. 87, 148, 161, 179
Mozzochi C.J. — sums 34

see Twaniec H. & — see also Hardy G.H. & —
Naimi M. 394 Rankin R. 358
Nair M. 12, 20 —’s method 74, 117, 358
Nanopoulos P. 276 Rényi A. 62, 279, 331
Newman D.J. 126 Rényi A. & Tiran P. 848, 352
Nicolas J.-L. 87, 212, 214 Richert H.-E.

see also Erdds & — see Halberstam H. & —
normalised summatory function 130 Rieger G.J. 55, 243
Norton K.K. 319, 387 Riemann B. 140, 160-1, 1701, 177
Novoselov E.V. 350 generalised — hypothesis 262
Oppenheim A. 198 — hypothesis 170
order Riemann-Lebesgue lemma 66, 169

average — 36 Riesz M.

finite — 120 see Hardy G.H. & —

mazimal (resp. minimal) — 80 Rogozin B.A. 291

normal — 275, 299, 306 Rosser J.B. & Schoenfeld L. 20
orthogonality of characters 251 Roth K.F. 62
oscillation theorems 111, 126 see also Halberstam H. & —
Paley R.E.A.C. 263 Rudin W. 252
Paley—Wiener theorem 68 Ruzsa L. 314-5
parametric method 74 Ryavec C.
Parseval MLA. see Elliott P.D.T.A. & —

— formula 288 Saffari B. 280, 296
Perron O. see also Erdds P. et al.

effective — formulae 132-3 Saias E. 380, 390-1

—’s formula 130 Sarkézy A. 263, 356
Phiilips E. 100 see also Erdds P. et al.
Phragmén-Landau theorem 111, 126 Sathe L.G. 200
Phragmén—Lindel6f theorem 120 Schnee-Landau theorem 134, 137, 179
Pintz J. 177 Schnirelmann L.G. 275

see also Kaczorowski J. & — Schoenberg 1.J. 295
point of increase 281 Schoenfeld L. 20, 262
Poisson D. see also Rosser J.B. € —

— summation formula 65, 78, 90, 100, second mean value formula 4

166 Selberg A. 10, 62, 66, 171, 174, 180, 200,
Pélya G. 263 212-8
Polya—Vinogradov inequality 255, 263, —’s identity 55
265 sets of multiples 277-8, 321-2

Pomerance C. 213 Shapiro H.N. 21-2, 33, 55
Prachar K. 265 see also Erdds P. & —
primitive sequence 297 Siegel C.L. 255, 262
pure law 290 Siegel-Walfisz theorem 255, 262

© Cambridge University Press www.cambridge.org



http://www.cambridge.org/0521412617
http://www.cambridge.org
http://www.cambridge.org

Cambridge University Press

0521412617 - Introduction to Analytic and Probabilistic Number Theory

Gerald Tenenbaum
Index

More information

448

Siegel zero 255, 262
sieve
fundamental lemma of the
combinatorial — 60
large — in analytic form 62
large — in arithmetic form 68
— of Eratosthenes 56
pure Brun — 57
Sitaramaiah V. & Subbarao M.V. 89
slowly varying function 242
Smati A.
see Balazard M. €& —
Smida H. 390
Smith A. 22
Sokolovskii A.V. 263
Sperner E. 298
Squalli H. 126
squarefull integers 54, 88
Stein C.M. 304
Stieltjes T.J. 122
— integral 3
Stirling J.
complex — formula 143, 162, 175
real — formula 8
Suryanarayana D.
& Sita Rama Chandra R.R. 54
Sziisz P. 350
see also Galambos J. & Szisz P.

Tauber A. 219-21
Tauberian
— theorems 219, 222
limit — theorems 23/
transcendental — theorems 28/
Tenenbaum G. 89, 276, 324, 391, 397,
419
see also Deshouillers J.-M. et al.
Dupain Y. et al.
Erdés P. & —
Erdés et al.
Fouvry E. 6 —
Hdll R.R. & —
Hildebrand A. & —
Ivi¢ A. 6 —
Maier H. & —
Mendés France 6 —
Teugels J.L.
see Bingham N.H. et al.

Indezx

theta function 166
Timofeev N.M.
see Levin B.V. & —
Titchmarsh E.C. 90-1, 94, 99, 100, 120,
136-7, 139, 143, 156, 160-1, 174,
177
see also Brun—Titchmarsh
Tong K.C. 51
trivial zeros of {(s) 148
Turdn P. 806, 316
see also Rényi A. & —
Turan-Kubilius inequality 302

Vaaler J. 75, 241

see also Graham S.W. & —
Valiron G. 120
Vaughan R.C. 262

see also Erdbs P. et al.

Montgomery HL. & —

Vinogradov A.L. 262

see also Bombieri—Vinogradov theorem
Vinogradov IL.M. 51, 161, 174, 263

see also Polya—Vinogradov
Voronoi G. 88, 50, 90, 96, 12/
Vose M. 89

Walfisz A. 89-40, 52, 255
Wallis J.

— integrals 8
Warlimont R. 265
Watt N. 90

see also Huzley M.N. & —
weak convergence of d.f.’s 282
Weyl H. 100
Whittaker E.T & Watson G.N. 406
Widder D.V. 8, 174, 372, 411
Wiener N.

see Paley—Wiener
Wiener—Ikehara 170, 243
Wintner A.

see Erdés P. & —

Jessen B. € —
Wirsing E. 246, 265, 335-6
Wu J. 76
zero-free regions

— for {(s) 157, 161
— for L{s,x) 255, 262

© Cambridge University Press

www.cambridge.org



http://www.cambridge.org/0521412617
http://www.cambridge.org
http://www.cambridge.org

